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Abstract -Gas-permeable solid propellants posse ss great potential for producing high thrusts during
ext remely short time intervals. This pap er pre sents the theoretical formulation and a pplica tion of a model
describing the importa nt phy sical phenomena taking place in both gaseous and solid phases in such three­
dimensional, two-phase, un steady, reactive flow systems, as found in internal ballistics. A stable, fast­
converging, fully-implicit numerical method, was used to solve the coupled , non-linear differential equations
of the model, so that effects of importance to the internal-ballistics designer can be studied. Solutions a re
presented that predict the pressure-wave build-up and accelerating flame-front for beds of granulated solid
propellants in gun barrels with an accelerating projectile.The results show that the flame-front accelerates and
the rate of press uris at ion increases substantially in the downstream direction, as expected, and are physically

reasonable in every respect.
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1. tl'\TRODUCTIO~

initial condition;
refers to the gas-phase ;
refers to the solid-phase ;
refers to the interphase.

t, time [s];
Tt> T2, gas and particle temperatures,

respectively [K];
Ta;; , initial temperature at particle centre

[K] ;
1;, particle surface temperature [K];
7lgn' propellant ignition temperature [K] ;
!/I' !/ 2, VI. V2' lVI' lV2, velocities of gas and particles

in the azimuthal, radial and axial
directions [m S-I];

V, volume of control cell [m '] ;
y, a sp ace coordinate;
z, axial coordinate.

Greek symbols
"I, specific heat ratio of gas;
I'<p' diffusion coefficient for variable ¢ ;
J, the thermal wave penetration depth in a

spherical particle [m];
s, propellant burning-rate proportionality

constant [kg m- 2 S-I];
0, angular coordinate;
Pl,P2, gas and particle densities, respectively

[kg m- 3] ;

T, intergranular stress [N m - 2];
¢, a general dependent variable.

Subscripts
0,
I,
2,
s,

1.1. The problem considered and its practical relevance
THE PRESEl"T study is concerned with the prediction of
the transient phenomena following ignition of granular
propellants. The following transient phenomena occur

r,
R,
R,
Rt>R2,

R!,

r\O:\IEl'\CLATURE

finite-domain coefficients:
al,a2, heat transfer parameters for the gaseous

and solid phase, respectively (heat
transfer coefficient s tim es the interphase
area) [W K- I] ;
total surface area of particles in a control
cell [m 2

] ;

co -volume of gas [rrr' kg " '} :
burning rate of particles [kg m - 2 S-I] ;
interphase friction coefficient;
specific heats of gas and particles,
respectively [J kg-I K -I] ;
particle diameter [m];
interphase friction factor;

g, acceleration of gravity [m s" 2];
iit>ii2, stagnation en thaI pies of gas and

particles, respectively [J kg-I];
chemical energy of propellant [J kg-I];
intergranular stress proportionality
constant [N m - 2] ;
rate of interphase mass transfer
[kg S-I];

rate of interphase mass transfer per unit
vo lume [kg m ? S-I];
propellant burning rate index ;
gas and particle pressures, respectively
[N m- 2] ;

412,415,4'2' rates of heat transfer from gas to
particles, from gas to the particle surface,
and from the particle surface to the
particle interior, respectively [W];
radial coordinate;
radial extent of gun barrel [m] ;
specific gas constant [J kg "! K - I] ;
gas and particle volume fractions;
'shadow' particle volume fraction;
a linear particle dimension [m];
source term for variable ¢ ;
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FIG. I. The gun barrel considered.
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in a few milliseconds: penetration of hot gases into the
voids between the granules, convective heating of
granules to ignition, granule compaction and rapid
pressurisation. The mass generated in the ignition
region accelerates the flame forward, with the region
behind the flame rapidly increasing in pressure as more
and more mass is being generated. The problem of
flame spreading and of possible shock-front formation
in porous propellant charges is obviously important
in the design and analysis of propulsion systems, and
in predicting transition to detonation ' of granular
explosives. Further applications of the present study
may be found also in any engineering application that
involves Iluidised-bed combustion.

1.2. Objectives of the s/!/dy
The ability to calculate 3-dim., transient dynamics

resulting from pres~ure wave formation and flame
spreading in a bed of small grain propellant is the
motivation for this work. Therefore, the objectives of
the study are: (a) to formulate a theoretical model
describing the important physical phenomena involved
in both gaseous and solid phases during combustion of
solid propellants, which allows solutions under all
conditions of practical relevance; (b) to solve the
associated equations by a stable, fast convergent
numerical algorithm (first proposed in ref. [1], and first
applied in ref. [2]); and, (c) to demonstrate the physical
realism of results obtained for typical problems.

1.3. Precious work and present contribution
The physical and chemical processes taking place in

internal ballistics phenomena are complex, and their
experimental study is difficult to perform and subject to
high degrees of uncertainty and inaccuracy. Due to the
above complexities, several theoretical approaches,
most restricted to l-dim, situations, have been
proposed.

The theoretical methods can be classified into four
categories: (1) statistical models [3-5]; (2)continuum­
mechanics models [6, 7]; (3) formal averaging models
[8]; and (4) two-phase fluid dynamics model [9]. The
advantages and disadvantages of each of the above
methods have been analysed (10-12] and a com­
prehensive review basis has been provided [18].

Themethodemployed in thisstudyis the continuum­
mixture approach of refs. [13, 14, 19], which is
developed by formulating the governing equations on
the basis that mass, momentum and energy fluxes are
balanced over control volumes occupied by space­
sharing interspersed continua. According to this
concept, distinct phases (e.g. gas and particles) are
present within the same space (although never at
precisely the same time), their shares of space being
measured by their 'volume fractions'.

the gun barrel and the base of the projectile , and
containing a solid propellant in powder form and a gas.
The solid propellant comes in various shapes and sizes.
In the past, propellants in cord form were in favour. The
present-day propellants are still cord-shaped but with
slotted tubes. However, spherical forms cannot be ruled
out [11] and this is the form assumed in this study.]

Ignition is provided by inflow of hot gas at the base of
the cylinder. The gas is forced into the granular bed
through a multiply-perforated nozzle ; this causes a
compaction of the granular bed near the entrance
region, and also heats up the nearby granular
propellants to ignition. The so-ignited propellants give
off more hot gases which are pushed forward by the
pressure gradient to ignite more propellants. Thus, a
steep pressure gradient iscreated inside the combustion
chamber and the accelerated gaseous products cause
the shell to move.

The quantitative formulation of such unsteady,
two-phase flow phenomena requires, apart from the
unsteady multi-phase gas-dynamic equations, the
utilisation of associated empirical correlations for

2. TIIEORETICAL MODEL

2.1. The physical problem
The basic features of the gun barrel are outlined in

Fig. I. A cylindrical domain is considered, enclosed by

tThis assumption is made for analytical simplicity of the
interphase heat- and mass-transfer correlations used in the
present application [e.g. see equation (15)]. However, the
method is applicable to propellants of other shapes as well,
provided that the surface to volume ratio of the solid is gh'en
or can be calculated.
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interphase friction factors, interphase heat transfer
factors, and burning-rate laws for the rate ofinterphase
mass transfer.

2.2. The dependent and independent cariables
Th e following are the dependent variables of the

problem: velocities of gas and particles in the radial,
azimuthal and axial directions: VI' Vl, "1'''1' \\'1 and \\'2;

pressure,p; gas and particle volumetric concentrations,
R I, R2 ; and, enthalpies of gas and particles, hI and h2•

The independent variables are: the radi al, circum­
ferential and axial distances, r,0,z, in a polar-cylindrical
coordinate system; and, the time, t.

2.3. The partial differentialeqllations
In order to study the transient phenomena in the

granular propellant bed, the following set of governing
equations describing the change of mass, momentum
and energy for the gas phase and the change of mass,
momentum and energy for the solid phase are derived:

2.3.1. The /IIass-conserration equations. The volume
fractions, densities and velocities of each of the two
phases must, in order to satisfy the mass-conservation
principle, obey the following equations:

gas-phase mass equation

1 0 (p R ) . '" (1)+- .0 I 1111 = /Ill\>
r 0

particle-phase mass equation

where /il'2'1 is the rate of mass transfer per unit volume
from the solid phase to the gaseous phase, due to
gasification of solid particles. The volumetric fractions
are related by the 'space-sharing' equation,

(3)

2.3.2. The conserration ofmomentum equations.

where e stands for III' 1I1,V\> Vl, \\'1 and \\'2; F¢andS¢are
diffusion coefficients and source terms; and subscript i
refers to the phasein question (gaseous or solid). For the

application of the model considered in this paper
diffusion effectsare considered negligible (f'" = 0).The
source terms S¢ are given in Table I, in the form in
which they occur in the finite-difference equations, e.g.
as the integral over the finite-difference cells.

The formulation of the pressure terms has
occasioned some uncertainty among writers on the
subject , and it is sometimes thought that different
pressures ought to be provided for each pha se. It is not
especially useful to do so. Therefore, a single pressure
appears in both equations, and an additional
'intergranular-force' term in one of the equ ations. This
term arises from the 'particle-packing' equation,
governing the pressure in the solid phase as its volume
fraction approaches the physically attainable limit,

(5)

wherein the solid phase sustains the extra stress r this
being a function of the volume fraction, R l •

Further inspection of the above equations reveals
that the term p(oRI/oy), which frequently occurs in the
literature, is missing . This is because use of %y(RIP)
instead of RI(opjoy) is simply erroneous. A term like
p(oRtloy) implies the presence of a momentum source
proportional to pressure whenever RI is non-uniform.
There isno physical mechanism which can produce it. A
change in the general pressure letel would alter such a
source.

2.3.3. The conserration ofenergyeqllations.Let fjI' fi2
stand for the stagnation enthalpy of the gas and solid
phases per unit mass , respectively, by which is meant
the thermodynamic enthalpy plus the kinetic energy of
the phase plus any potential energy associated with the
position of the Iluid in a force field.Then, the first law of

Table I. Source terms in momentum equations

4> JS<j>dvol (Integral source term for finite-difference cell)

W\ VR\(Plg-Op/OZ)+CrlWl-W\)+liI2IW2

• • iJR 2 ,
\\'1 VR2(P2g-Cp/iJZ)+C,(W\ -W2)- 11I2\\\'2- -_­

oz

Vis cell volume ; C, is interphase friction coefficient and ,
is intergranular stress (see Section 2.4).

cp
11\' - VR\ cO+ C,r (lf2 - u \ ) + rit2 \ lf2r

cp iJR2 ,

1f2r - VR2 -=- +C,r(u, -U2)-liI2\lf2'----::--0
cO c

The equ ation for the angular momentum, If', is solved in
preference to th at for u
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where 412 is rate of heat transfer from gas to particles;
h. = ii2 +liewhere he is the heat of combustion of the
solid particles, and P = P+T.

(9)

2.4.1. Equatioll ojstate. The Nobel-Abel dense-gas
law, also called the Clausius equation,

PCI -b) = RT1,

is used as the equation ofstatefor the gas phase ,where R
is the specific gas constant (286.69J kg- 1 K-l) ;and b is
the co-volume which is a function of gas density .For the
reported results, b is taken as constant.

The statement of a constant density for the solid
particles serves as the equation ofstate for the particles.

on the values of the variables, represented by algebraic
relations.

The constitutive relations used for the reported
application of the model follow. Except for interphase
heat transfer, these relations follow the lines of refs. [7,
8,18]. However, because the purpose of this paper is to
describe the theoretical method and the nature of the
results, rather than to quantify them in detail, some of
these relations have been considerably simplified. It
should be mentioned that , although little emphasis is
placed on these relations at present, their proper form
and function are essential to realistic predictions for the
two-phase flows under consideration [7,8, 18, [9].

2.4.2. The interqranular stress. The constitutive law
used for the intergranular stress calculation is

(6)

(7)

= C r(V2 - VI)V2 + Cr(w2-11'I)W2 +Cr<U2 -UI)U2

. .", ( vi wi /Ii) -oRI
-ql2+11121 11'+2"+"2+2 -p at '

particle-phase energy equation

thermodynamics leads to the following equations:

gas-phase energy equation

(8)

2.4.4. Th e particle burninq-rate. For the burning­
rate law, a simple pressure-dependent relation was
employed, namely

(11)

(13). (p)"b=£ -
Palm

2.4.3. The interphase-friction coefficient. Prescribed
functions for the coefficient in the drag terms of
equations (4),(6)and (7)are used. The expression for the
interphase friction force for the finite-dilference cell
used is a linear one,

where R 2•eri t is a 'critical' volumetric fraction , below
which there is no direct contact between particles , and
K is a constant, representing the rate of change of
stresses with respect to R2 , known from the properties
and shape of the particles .

T=O

where U refers to any velocity component, and the
interphase friction Iactor.j, is expressed as

J=Cr.ipRIR2V (12)

where Cr.ip is a constant estimated from the drag
coefficient expression for spherical particles [20]. This
simple method has been chosen because of lack of
empirical correlations for the problems in question,and
requires improvement if accurate results are to be
obtained.

2.4. Auxiliary relations
The above set of differential equations has to be

solved in conjunction with observance of constraints

2.3.4. Tile particle-size calculation. For the problems
under consideration it is necessary to calculate the
distribution throughout the field of the average local
size of the particles. This necessity arises because , for
example, the rate of burning may depend strongly upon
the size of the particles; and this size diminishes, of
course, as the particles are consumed.

The approach followed is to compute a 'shadow'
volume fraction, R!, that is to say, the volume fraction
which the solid phase would have possessed, at each
point, in the absence of combustion; the velocities,
however, being the same as the phase actually
possesses. Therefore, R! obeys an equation, which is
identical to equation (2), but for the absence of the
mass-transfer rate, li12~ (riI2~ = 0).

The particle size can now be deduced from

~=(R~)1/3
So R2

where s stands for some linear dimension of the particle,
and So is the value of s for the particles initially.
Knowledge of s then permits the local values of
interphase heat-transfer coefficient, interphase friction
coefficient, and mass-transfer rate to be determined.

Equations (1), (2), (4), (6), (7) and that for R~ form a
system oftwclve coupled, non-linear, partial dilferential
equations.
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where Palm is the atmospheric pressure and E; and n are
constants.

The production rate of gases from solid particles,
lillI' is therefore given by

. a2 [ •
qs2 = T al(TI - T2)+1112Ihe]

where

(23)

(14) (24)

where Asis the total surface area of particles in a control
cell, calculated from the following expression, for
spherical particles

As = 6R l V/[Do(R2/R!) 1/3] (15)

where Do is the initial diameter of un burnt particles.

2.4.5. Ignition criterion. The criterion for particle
ignition used in this study assumes ignition to have
occurred when the surface temperature of a particle
reaches a critical value, e.g.

The heat-transfer coefficient per unit area, d{', is
estimated by assuming Nusselt number Nu = 2, in the
absence of any concrete experimental evidence. A better
assumption might have been the Denton correlation, as
used in ref. [18]. Then,

aI = d{' As· (25)

The heat-transfer coefficienta2is computed assuming a
cubic temperature distribution within the particle,

3) {[ 8(T-T)JI
/2}

a2=-j=3J./iD 1- 1-5 ;'-1': (26)

6=0

. ( P )"b=E; -
Palm

where D is the particle diameter, T"" is the initial
(16) temperature at its centre, and (j is the thermal wave

penetration depth in a spherical particle, calculated at
each time step as described in the Appendix.

The surface temperature of the particles is determined
as outlined below.

2.4.6. The interphase-heat-transfer coefficients. Al­
though the equations solved for the transport of heat
between the gas- and particle-phases are those of the
phase enthalpies [equations (6)and (7)], it is convenient
to think in terms of temperatures 1'1 and Tl, by
introduction of the specific heats C 1 and C2• For
simplicity, CI and C2 are assumed equal (=C).

Central to the following treatment is the concept of
an interface between the two phases, with temperature
T,. Then

2.4.7. The movement ofthe projectile. The projectile
velocity and acceleration were calculated at every time
step from the computed force, F, acting on its base,

(27)

where Pr,Pband A are the projectile frictional pressure,
the calculated pressure at its base, and its cross­
sectional area, respectively.

3. TilE FI:-;ITE·DO~IAINEQUATIO:-;S

AND TilE SOLUTION PROCEDURE

(19)

(17)

(18)

3.1. Finite-domain equations
A conventional staggered grid is used [13]. The

velocities are stored at the centre of the cell faces to
which they arc normal; all other variables are stored at
the centres of the cells themselves.

The velocity locations have their own surrounding
cells, which act as control volumes over which the
differential momentum equations are integrated, to
yield the corresponding finite-domain equations for
velocity. Equations for the other dependent variables
employ control volumes around the grid points.

The result of the integration is a set of finite-domain
equations of the general form

cils = al(TI -1;),

cis2 = aiT,-1;),

lil 21 = 0 for T, < ~g",

liln = ffIJt for T,~ ~gn

where al and a2 , are heat-transfer coefficients
multiplied by the interface area through which the
transfer occurs; and f fIJt is the function given by
equation (16) above. An energy balance over a control
volume enclosing the interface yields:

heat coming into the control volume = 41s+1i121 CT2,

heat going out of the control volume = ciS2 + lil2 1CT"

generation = 1;12Ihe'

Therefore,

LAepj+b
epp=_i=-__

Lai- c
i

(28)

ci'2-4" = 1i1 2 I [1le - C(T,- T2)]. (20)

Combination of equations (17), (18) and (20) yields

T,= [a2T2+aITI+liI21(1le+CT2)]!', (21)

where ep can stand for any dependent variable. The
coefficients a, represent the effects of convection and
diffusion, and (b+ cepp) represents the integrated source
terms for the cell. The use of upwind-differencing in
evaluating the convection terms ensures that the a,
coefficients are always positive, for numerical stability.
A fully-implicit formulation is used.
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Table 2. Input data used in the numerical computations

20 kg S-I

5 ms
2000K

Value

0.861 kg m- J

1500kg m - J

1.27
286.69 J kg- J K- 1

400K
41\11 kg- J

20001 kg-I K - I

0.2 kg ms"? K- 1

D.Om S-I

2 x 1O-4 m

I MPa
4 kg

294K
294K
0.5

Parameter

Other input
Projectile frictional pressure
Projectile mass

Physicalproperties
Density of gas, PJ

Density of propellant particles,P2
Specific heat ratio of gas i'
Specific gas constant, R
Ignition temperature, 1i.n
Chemicalenergy of propellant,h,
Specific heat of gas and propellant, C
Thermal conductivity of solid

particles, ;.
Mass inflow rate of gas from ignitor,

lir l:< (at 90' intervals)
Period of inflowfrom ignitor, tiS

Temperature of gas from ignitor, T;~

Initial conditions
Pressure, p 1.0135 x 10' N m"?
Bulk temperature of solid particles,1i 294 K
Temperature at the centre of a

particle, TO)
Temperature of gas, T1
Volumefraction of solid, R2

Velocities of gas and particles, II., 112'

Vtt V2t Wit \\'2

Initial hydraulic particlediameter

Constitutit'erelations
Co-volume of gas, b
Propellant burning-rate

proportionality constant, e
Propellant burning rate index,n
Intergranular stress proportionality

constant, K 1.76 x lOB N m- 2

Interphase friction parameter, Cr.IP 106

Interphase heat transfer parameter on
the gas-side, a. 50WK- J

Critical volumefraction, ROlli 0.5

3.2. Solution method
The finite-domain equations are solved using the

SIMPLEST and IPSA algorithms [13, 14, 17]. The
integration proceeds along the axis of the gun barrel
from the bottom to the top, and is repeated until
convergence is achieved. Further details may be found
in the above references.

The differential equations presented above differ
from those of previous authors in several respects. In
particular:

(a) The gas pressure-gradient term is included in the
solid-phase momentum equation. Hughes [15] has
argued that such a term results in the mechanical set
being non-hyperbolic. Krier and Kezerle [12] adopted
that argument and, in order to obtain solutions to the
equations, found it necessary to neglect the above
terms. However, the present work proves that stable
and meaningful results can be obtained when solving
the full equations.

(b) The pressure gradient term is written as the
partial gradient of pressure and not as the gradient ofa
partial pressure.

(c) A solid-phase energy equation is used, symmetric
with the gas-phase energy equation, instead of the
common approach of solving the unsteady heat
conduction equation for the solid particle and
monitoring the heat gained from the gas in the form of
convective heat transfer [8, 10, 16]. The latter approach
was not deemed acceptable for the present work, for
reasons discussed in refs. [12, 18].

A fully-implicit finite-difference scheme was em­
ployed for the numerical solutions, with none of the
limitations on the choice of time-step imposed by the
explicit methods used by previous authors [12].

4. CO:\IPARISO:\, WITH OTHER ;\IETHODS

5. CO:\IPUTATIONAL DETAIlS

5.1. The problem considered
The problem considered for computation is that of

predicting the time-dependent, two-phase mixing,
heat-transfer and combustion processes occurring in
the gun barrel illustrated in Fig. 1, during a short time
period, immediately after ignition. Table 2 summarises
the input used to carry out the typical results presented
below, including initial conditions.

The problem is specified after a time chosen at t = 0,
at which an ignition stimulus is imposed by the inflow of
hot gases through four nozzles of the ignitor, in a
cruciform arrangement. This 'ignition' region was
taken to be 40% of the total initial domain length. The
heat transfer from the hot gases to the particles raises
the particle-surface temperature, until the ignition tem­
perature is reached, initiating combustion. Diffusion
effects and wall-friction are assumed negligible.

5.2. Finite-domain grid and time-step used
All the computations reported below have been

carriedoutwithafinite-domaingridhaving5 x 5 x 20
control cells in the 0,rand z directions, respectively. The
distribution of grid cells, shown in Fig. 2, is uniform in
the 0 and r directions, and non-uniform in the z
direction, more grid cells being concentrated near the
base of the projectile. The integration domain covers
only one 45° sector of the barrel cross-section, because
of symmetry.

The inflow region, which provides the major
contribution to the 3-dim. effects, consisted of the first
four cells along the axis, and was spread over one cell in
both radial and circumferential directions.

Following the projectile movement, the above grid
was allowed to expand in the axial direction at every
time-step, to follow the increase in domain length. No
grid -dependency tests were performed at this stage.
Earlier work; for a I-dim. problem [19], indicates that
the above grid may not be adequate for obtaining
grid-independent results. It also indicates that the
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FIG. 2. The solution domain and the finite domain grid used.

dependency of the results on the time-step is much
stronger than on the grid; and therefore priority was
given to performing a series of time-step dependency
computations.

This revealed that, although large time steps can be
employed and convergence still obtained, a short time­
step of 0.025 ms is required to ensure time-step
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independency of the results; and this is the time-step
used to obtain the presented results.

5.3. COllrergellce alld computer requirements
For the results reported, convergence was excellent,

with no form of relaxation used. Ten sweeps per time­
step were sufficient to ensure good convergence.

In general, the cpu time required per cell, per sweep,
per variable, per time-step was 3.0 x 10- 3 S on a
minicomputer (Perkin-Elmer 3220) which is roughly
16 times slower than an IBM 30/32 machine. A fully­
converged run, using the above grid, required 5! h on
the same machine for 100 time steps (roughly 20 min on
an IBM 30/32).

6. RESULTS

6.1. Presentation of the results
Many results were obtained during the present study

but space considerations dictate that only a fraction of
these can be presented.

Figures 4-17 present axial, radial and circumferen­
tial distribution histories of the fluid-dynamic and heat­
transfer variables in the 3·dim. gun barrel of Fig. 1.with
an initial solid loading of 50%. Other pertinent input
data to the calculations are indicated in Table 2.

Radial distributions are presented at two selected
axial sections, namely at axial locations 0.25 Land
0.875 L from the bottom, where L is the length of the
barrel.

Circumferential distributions are also presented at
the above axial locations, at planes 0 = 4S and 40S
(Fig. 2).The latter were chosen because they present the
most significant 3-dim. effects. When no significant
variations are observed, a single plot is presented for
both O-planes above.

The figures present the pressure distribution over the
barrel as time progresses, the gas and particle velocities,
the solid volume fraction, the temperature histories of
both phases and the projectile velocity and acceleration
histories. Distances on the figures are normalised and
the length of the domain as a function oftime is given in
Fig. 3. Pressure and temperature graphs are presented
on logarithmic scale.

6.2. Discussion ofresults
Figure 4 shows the calculated axial pressure

distributions at nine different times (i.e. 0.2, 0.4, 0.52,
0.62.0.72, 1.16,1.52,2.02,and 3.02ms after ignition), at a
radial distance of 0.01 m from the axis and at 0 = 4S.

Beginning with the trace t = 0.2 ms, the predictions
indicate a rapid build-up of pressure at the lower parts
of the barrel, leading to steep pressure gradients. A peak
pressure of 2.42 x 109 N m- 2 is predicted at t = 1.20
ms, at a distance of 0.60 m from the bottom of the gun.
The pressure level then decreases as the projectile
moves forward, and the gas-space increases. Figures 5
and 6 present the calculated radial pressure dis­
tributions at six different times (i.e.0.2, 0.4, 0.52, 1.02,
1.52 and 2.02 ms), at two circumferential locations
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35

05

1.0 1--- - - - - -'

0.55 ms after ignition the pressure becomes more or less
uniform in the radial direction. Circumferential effects
are observed only near the bottom of the gun barrel and
only for a very short period after ignition. These effects
are however much less significant than the radial ones,
even near the bottom of the barrel.

At the higher axial location (Fig. 6) the predictions
indicate a build-up of pressure as time increases, which
is more or less uniform in both the radial and
circumferential direction.

Figure 7 presents the particle-volume-fraction axial
distribution history, at a radial distance of 0.01 m from
the axis and at 0 = 4.SO. These distributions are given at
the same nine different times after ignition, as for the
pressure distributions. The particle-volume-fraction
profiles show that near the lower end of the barrel the
porosity increases fairly rapidly. This is due to both a
reduction in volume of the particles due to burning and
the forward motion of these particles being carried
along by the gas, and to the injection of gas by the
ignitor during the first 5 ms.It is this injection of hot gas
which ignites and displaces the powder, as can be seen
from the considerable positive particle velocities after
1 ms from ignition (Fig. 14).The forward drag on the
particles, however, is not sufficient to result in their
compaction further downstream, to loadings signifi-

I I
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FIG.3. Length of solution domain vs time.
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(0 = 4.5° and 40.5°),and at two axial locations, i.e. near
the bottom and near the top of the barrel. Significant
radial effects are observed only near the bottom of the
barrel (Fig. 5),where the predictions indicate a build-up
of pressure over the radial extent of the ignition zone,
shortly after ignition, as expected. For times later than
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FIG. 4. Pressure axial distribut ion history, at r = 0.01 m and 0 == 4.50 (logarithmic scale).
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FIG. 5. Pressure radial and circumferential distribution
histories at z = O.25L(logarithmic scale).
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cantly greater than the original 50%. (A maximum of
about 50.1%isobserved.) The rapid decrease in particle
volume fraction near the top of the barrel at times
greater than t = 1.20ms is caused by the movement of
the projectile, which drags the gas with it, displacing the
powder (Figs. 13 and 14), and the penetration of thc
flame front at the higher elevations of the barrel,
causing combustion.

Strong 3-dim. effects can be seen in the particle­
volume-fraction radial and circumferential histories,
at the axial location near to the bottom of the barrel
(Fig. 8).Thus, near the symmetry axis, where injection
occurs, the particle-volume-fraction attains very low
values, which increase as we move towards the outer
barrel wall. This is caused by the inflow of the hot gas
from the ignitor, displacing and burning the particles.
Nearly all particles have burnt within 1.5 ms from
ignition, at this axial station.

The particles are actually compacted uniformly at
the higher values of radius to loadings of 52%, at
o= 4.50

• The significant circumferential effects may be
seen by comparing the two plots of Fig. 8 (0 = 4.5' and
o= 40.5'). At 0 = 40.5', the particles are compacted to
loadings of up to 59% all over the radial extent of the
barrel, for times up to about t = 0.5ms, when they also
start burning. There is a delay in burning at the above
two circumferential locations of about 0.9 ms.

Such 3-dim. effects are not observed further
downstream of the ignition stimulus, and at an axial
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FIG. 6. Pressure radial and circumferential distribution history at z = O.875L(logarithmic scale).
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location of0.875 Lfrom the bottom (Fig. 9)the particle.
volume-fraction distributions are independent of
radius and angle. The particles retain their initial
loading of50% up to aboutt = 1.00ms, when they start
burning, more or less uniformly.

Figures 10 and 11 present gas-temperature and
particle-temperature axial distribution histories at

eight selected times after ignition (0.2, 0.4, 0.52, 0.62,
0.72, 1.52,2.02, and 3.02 ms). Due to combustion, the
gas temperatures are generated at very high values,
around 2500 K, and as the pressure increases, the gas is
compressed to even higher values (3400 K). These
temperatures decay rapidly further downstream, up to
times of 1 ms after ignition, as the gas loses heat to the
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solid by convection into the bed interior. The high gas­
temperature front starts travelling rapidly up the
barrel, igniting the powder after about 1 ms. The flame
front reaches the far downstream region of the barrel at
about 1.3 ms.

The temperature leveldrops after the projectile starts
moving, thus causing a decrease in pressure. This drop
is much more pronounced just behind the accelerating
projectile, at t = 3 ms.

The particle temperatures (Fig. 11),remain more or
less uniform, at around 300 K, up to t = 0.72 ms and

then rise steeply to a maximum of around 3100 K just
behind the projectile at t = 1.5rns, as burning spreads
downstream. Subsequently, the temperatures of the few
remaining particles decrease as the projectile starts
accelerating, thus causing a decrease in pressure and
temperature. Strong 3-dim. in the gas-temperature
distributions is indicated in Fig. 12, which presents the
radial and circumferential temperature history at the
lower part of the barrel. Such three-dimensionality is
not evident at the upper elevations of the barrel. On the
contrary, the particle temperature distributions are
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FIG. 13. Axial distribution history of axial gas-velocity at r = 0.01 m and 0 = 4.5'.
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burnt at t = 2.02 ms).

more or less uniform in the radial and circumferential
directions at every elevation in the barrel, and for all
times studied. The computed high gas temperatures are
due to the assumptions of constant specific heat and
that all gases obey the Noble-Abel equation of state.
These assumptions preclude the flow of energy into
dissociation of the gaseous combustion products. The
high particle temperatures predicted at later times are a
consequence of the surface-to-volume ratio increasing
inversely with particle diameter, as the particles burn
out. Therefore, the particle temperature means very
little as R, -> 1.0,but then, its value does not influence
the convective flame spreading in any significant way.

Figures 13 and 14 present gas- and particle-axial
velocity distributions at the chosen times. A peak is
observed in both gas and particle profiles up to t = 0.72
ms, driven by the pressure gradient. Subsequently, the
peak is retained by the particle profiles, but not by the
gas velocities which obtain their maximumjust behind
the projectile, as it drags the gas with it. Worth noting
are the extreme gas velocities, sometimes exceeding
1000m s-', and the considerable slip between gas and
propellant particles. The particle velocities are in
general much lower than the gas velocity (max. 270 m
s -I), since the inertia of the particles is greater than that
of the gas.

Figures 15and 16 present radial and circumferential
distributions of the particle- and gas-axial velocity at
the chosen times, at z = 0.25 L.

The effectof inflow of hot gas from the ignitor is seen
in Fig. 15 which presents the radial distribution of the
particles axial velocity. The hot gas inflow at 0 = 4.5"
causes particles to accelerate axially, particularly near
the axis.

The strong three-dimensionality in the particles axial
velocity diminishes further downstream. Figure 16
presents the corresponding axial velocity profiles of the
gas phase. Strong slip between the phases is observed,
and the three-dimensionality, evident in the gas profiles
at the lower elevation, persists further downstream,
although significantly diminished.

Projectile acceleration and velocity histories are
presented in Fig. 17. It is seen that the projectile starts
moving at around t = 1.2ms and accelerates rapidly to
a peak value of 6.6 x 105 m s- 2 at t = 1.32ms, when it
attains a velocity of 680 m s:-'. Subsequently, the
projectile acceleration diminishes, as the domain
expands and the driving force at its base decreases,
whilst the velocity continues to increase to values of
1500 m s-, at t = 3 ms. The acceleration of the
projectile produces a 10% length expansion in lAOms,
and a 100% length expansion in 2.20 ms. .
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7. COXCLUSIO:-;S

A theoretical model has been developed, and used to
predict the combustion of mobile granular propellants
in gun barrels. A stable, fast-converging numerical
scheme was used for solving the complete system of
equations. The procedure is general, and allows two­
phase, 3-dim. transient computations to be performed
on minicomputers.

Results have been presented and their nature appears
realistic. At present these results cannot be quantified in
detail because of the unsatisfactory empirical input,
particularly for the interphase friction coefficient. The
transient wave phenomena and flame spreading are
predicted by the present model, which indicates that the
rate of pressurisation increases in the downstream
direction and the pressure peak developed in the gun
barrel travels downstream. These findings are
consistent with expectations and the existing, very
limited, experimental evidence.

The reported work confirms the argument that the
mathematical formulation of two-phase gun barrel
phenomena is satisfactory, and that the solution
procedure is both reliable and practicable. There are no
known problems associated with the mathematical
model. The remaining problems are associated with
the physical processes of the two-phase flows, namely
the heat-, mass-, and momentum-transfer between the
phases.

The choice of relevant interphase parameters has a
profound. effect on the results, as was proved by an
extensive study on varying the parameters given in
Section 2 above, in the context of other unpublished
work. This is also the conclusion given in ref. [18].
Much more work is therefore required to obtain
reliable experimental correlations on the above
processes, which can then be used to improve the input
of the present model.
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which is also a sufficient condition for a real root of equation
(A3).

Furthermore,

The definition of T2 as the bulk particle temperature leads to

T2nR
2 = 2nlR

T(R-r) dr, (A2)

and after some calculations we finish up with

(A3)

(AS)

(A6)

(A4)

(iJT) 3- = --(T-T)cr s 0 J W'

(
7: -T )02-5Ro+1O~ R 2 = 0,
1;- Too

which has only one acceptable root,

5 { [ 8(T2- T )]lf2}
0=2 R 1- 1- 5 1;-T: .

The satisfaction of the condition 0 ,,;; R, requires

APPENDIX

T,

FIG. 18. Definition of various temperatures associated with a
solid particle.

TilE CO:\IPUTATION OF PARTICLE
SURFACE TEMPERATURE

The following figure presents a solid particle of radius R at a
bulk temperature T2, surrounded by gasat temperature Tr- Let
Too be the initial temperature at its centre, assumed constant,
and 1; the surface temperature.

The temperature profile within the particle is assumed to be
the following cubic function: (A7)

therefore,

3).(1;- Tao) 3).
a2 = ----- ""-.s 1;-T2 0

<5(t) is calculated at every time-step by equation (A4)and then
a2 is found from equation (A7), and is used to calculate 1;
from equation (21).

(AI)T-T [ r ]J
__00_ = 1- - for r ,,;; ott)
1;- Too ott)

where r is measured from the particle surface inwards.

ANALYSE ET CALCUL DE L'ECOULEMENT TRIDIMENSIONNEL VARIABLE ET DE LA
COMBUSTION A TRAVERS DES PROPERGOLS GRANULAIRES

Resume-i-Lcs propergols solides et permeables aux gaz presentent un grand potentiel de production de
poussee elevee pendant un intervalle de temps court.

On presente la formulation theorique et l'application d'un modele qui decrit Ie phenornene physique
important s'instaurant ala foisdans les phases gazeuse et solide pour constituer lessysternes tridimensionneIs,
diphasiques, variables et reactifs typiques de la ballistique interne.

Une methode numerique stable, rapidement convergente et completement implicite est utilisee pour
resoudre les equations aux derivees partielles non-lineaires couplees de modele, de Iacon a permettre au
concepteur revaluation des effets importants.

Des solutions sont presentees qui evaluent ronde de pression et Ie front de flamme en acceleration pour un
propergol solide granulaire dans l'ame d'un-canon avec un projectile en acceleration. Les resultats montrent
que Ie front de llamme s'aceelere et que la vitesse de pressurisation augmente substantiellement dans la

direction en aval, comme souhaite, et ils sont physiquement raisonnables sous tous les aspects.

UNTERSUCHUNG UND BERECHNUNG DER DREIDIMENSIONALEN INSTATIONAREN
STROMUNG UND DES VERBRENNUNGSVORGANGS IN KORNIGEN TREIBMITTELN

Zusammenfassung-Gasdurchliissige, festeTreibmittel sind in der Lage, hohen Schub wiihrend extrem kurzer
Zeitintervalle zu erzeugen. Der Bericht enthiilt die theoretische Formulierung und die Anwendung eines
Modells, welches die wichtigsten physikalischen Phiinomene beschreibt, welche in der gasformigen und festen
Phase bei derartigen dreidimensionalen, zweiphasigen, instationaren, reagierenden Str6mungen auftreten,
wie sie in der inneren Ballistik vorkommen. Zur L6sung der gekoppelten, nicht-linearen Gleichungen des
Modells wurde eine stabile, schnell konvergierende, voll implizite, numerische Methode angewandt, so daf
Einfhlsse, die dem mit Problemen der inneren Ballistik befaGten Konstrukteur wichtig erscheinen, untersucht
werden k6nnen. Die L6sungen beschreiben die Ausbildung der Stoflwelle . und die beschleunigte
Flammenfront fUrFestbetten aus k6rnigen Treibmitteln in Gewehrliiufen mit einem beschleunigten Projektil.
Die Ergebnisse zeigen, daG die Geschwindigkeit der Flammenfront und die Druckerh6hung in
Stromungsrichtung, wie erwartet, erheblich zunimmt. Die Ergebnisse sind in jeder Hinsicht physikalisch

sinnvoll.
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AHAJIlI3 U PAC4ET TPEXMEPHOrO, HEYCTAHOBlfBWErOCR TE4EHWI U
rOPEHlUI B Ob'bEME rPAHYRUPOBAHHOrO TBEP.LlOrO PAKETHOrO TOnJIllBA

AIIHOTallHlI-raJOnpOlllluae~lOeraepnoe paKCTHOC TOll1lllBO MOlKeT COJlIaBaTh 60 JlbWylO peaKTIlBIlYIO
llBlIlKymylO CIIJlY sa IICKJlIO'IIITCJlbIlO KOpOTKIlC npoMelKYTKII BPC~ICIIII . .Llalla TCOpeTlI'lCCKaH ljJOP~IYJlII'

pOBKa IInOKa3aHO IICnOJlh30BaHlle MOnCJIIl, y-nrrsraaioutefi BalKllble tPll3l1'lCCKIIC IIBJleHIIH, nponcxonaurue
B raaonoii II rnepnon ljJa3ax B TaKIlX TpeX~ICPHhIX nByxtPa311hlx IICCTaUIIOHapHhlX pearnpyroumx
nporoxusrx CIICTC~lax, xapaxrepnux ll!IH aanax BHYTpeHHCii 6aJlJlIICTlIKII. CB1I3aHHhlc He.ll1HciiHhlC
1IIlljJtPcpellUIlaJlbHhle ypasaenns peW3IOTClI Cnoxiounoo ycroiisuaoro, 6h1CTPO cxonsureroca, nO.ll10CThlO
HCHBHoro xncneunoro xrerona, 'ITO nOJBOJllleT YIlIIThIB3Th npaxrnxecxn BalKHble 3¢ljJCKThl. n OJlY·
'lellllhle peurenns n03BOJllllOT paCC'IIlTaTh tPOp~lIIpoBaHlle BO.1HhI nas nenus Il ycxopeuuoe nanxeune
tPpollTa nnaxrenn B CJJOllX rpauymrpoeaanux TBcpnhlX TOn1ll1& npn lIBlIlKCH1l1l cnapana B CTBO.le
opynns. KaK nOKaJhlB31OT peaynvrarsr paC'IeTOB, pacnpocrpaueuue tPpollTa nJl3~leHII JIl3'1I1TCJlhIlO
ycxopsercx, a naaneune cyuiecraenno 1I0JpaCTaCT II nanpaaneunn TC'ICIIIIH, 'ITO HB.1HeTClI ljJIIJIl'leCKII

npaenononofinusr.
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